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Abstract

This paper presents a circuit model of the spark plug in the ignition system for conducted electromagnetic

interference (EMI). Based on the spark plug’s current discharge channel, the circuit model of the spark plug

is established with the parasitic parameters and the air-gap model. The parasitic parameters of the spark plug

are extracted with the finite element method, and the air-gap model of the spark plug is analyzed using the

electric circuit principles and the air-discharge theory. The simulation and measurement results validate this

model. Furthermore, this model confirms that the spark plug discharge is the main conducted EMI source in

the ignition system based on simulation.

Key Words: Circuit model, electromagnetic interference/compatibility, finite element method, parasitic

parameters, spark plug, ignition system

1. Introduction

More and more electronic devices have been introduced into modern automobiles. The problem caused by the
electromagnetic interference (EMI) of electrical systems is therefore becoming increasingly serious [1]. EMI may
cause failure or malfunction of the electrical devices and affect both the safety and reliability of automobiles
[2,3], which has aroused great concern among automotive manufacturers and designers. International and local

institutions have standardized the electromagnetic compatibility (EMC). For example, the International Special

Committee on Radio Interference (CISPR) indicated EMI standards with specifications on the threshold of the

automotive electromagnetic radiation for conducted EMI (from 150 kHz to 30 MHz) and radiated EMI (from

30 MHz to 1 GHz) [4,5].

Recently, simulation techniques have been widely used in predicting EMC, including the finite element
method (FEM), the method of moments (MoM), the finite difference time domain (FDTD) method, and the

transmission line method (TLM) [6-12]. These methods can help to identify automotive EMC-relevant problems
in the very early design stage and avoid intensive costs in the redesign cycles of the automobile development
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process. On the other hand, the ignition noise caused during engine operation is the most powerful EMI
source in the automobile. Many measurements and simulations have been carried out for the study of ignition
system EMI. However, EMC tests, according to the international standards, are expensive and time-consuming.
Moreover, in these experiments, it is difficult to analyze the spark plug discharge mechanism [13,14]. Fujiwara

and Amemiya proposed a spark plug circuit model in [15], and they used a simplified structure of the spark

plug to obtain parasitic parameters. This simplified model could easily lead to parameter errors. In [16], Wang
used the diode instead of the spark plug in the circuit model. However, the diode can only simulate the spark
plug correctly before the spark plug breaks down, not in the stages afterwards. Until now, researchers have not
described the spark plug discharge characteristics in detail in one working cycle.

A circuit model of the spark plug for conducted EMI is proposed in this paper after analyzing its internal
discharge channel. The model takes into account the parasitic parameters and the spark plug air-gap discharge
characteristics. With the FEM in the field solver, it is more precise if the parasitic parameters are extracted
based on the real structure of the spark plug. The air-gap is treated as nonlinear dynamic resistance in the
circuit model. Therefore, the spark plug discharge characteristics can be described by the circuit model in
detail both before and after breakdown. The whole process of the spark plug discharge is simulated using the
model placed in the ignition system. The results obtained by the simulation and the measurement prove the
efficiency of the model proposed in this paper. Finally, the conducted EMI of the ignition system is simulated.
The simulated results are consistent with the measured results, and this indicates that the spark plug discharge
is the main conducted EMI source in the ignition system.

2. The circuit model of the spark plug in the ignition system

In analyzing the spark plug discharge problem, the spark plug current discharge channel is an overriding factor.
As current i shooting through the unshielded center electrode is the dominant ignition current, the discharge
channel and the corresponding circuit model of the spark plug are shown below in Figure 1 [14].
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Figure 1. The discharge channel and circuit model of the spark plug.

In Figure 1, Rr is the series resistance and its value can be given by the manufacturers; rg is the air-gap
resistance of the spark plug; and Cq , Cr , and Cp are the parasitic capacitances between the center electrode

and the shell.
Figure 2 shows the ignition system circuit model with the following simplifications: 1) the parasitic

capacitances between the ignition system’s modules are neglected and are finally added to the whole system; 2)

the ignition coil circuit model is simplified here, which is expatiated in [17].
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Figure 2. The circuit model of the ignition system.

In Figure 2, C4 = Cq + Cr /2, C5 = Cp + Cr /2,C3 =Cw /2, Us is the DC power supply, R1 and R2 are

respectively the resistance of the primary and the secondary winding, L1 and L2 are respectively the inductance
of the primary and the secondary winding, M is the coefficient of mutual inductance between the primary and
the secondary winding, Cw is the parasitic capacitances between the high-voltage wire and the shell, and Rw

is the resistance of the high-voltage wire.

3. The spark plug circuit model

3.1. Parasitic parameters extracted by the FEM

The inner electrical field of the spark plug can be taken as an electrostatic field for the analysis of the conducted
EMI problem. Figure 3 shows the longitudinal section of the spark plug solution region. Parasitic parameters
are extracted with the FEM.

Figure 3. Longitudinal section of the spark plug solution region.

In Figure 3, Ω1 ∪ Ω0 is the solution domain, Γ is the boundary of the insulation medium, Γi is the
boundary of the ith conductor, and ε1 and ε0 are the permittivity of the insulation medium and the vacuum,
respectively.

In the solution domain, the governing equations and the constitutive relation are:

⎧⎪⎨
⎪⎩

∇× E = 0

∇ ·D = 0

D = εE

. (1)

When using the scalar potentialE = −∇ϕ and the FEM approach, Eq. (1) can be written as follows [18]:

ϕ ∈
{
ϕ ∈ L2,∇ϕ ∈ IL2 |ϕ = f on Γd

}
. (2)
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That is: ∫
Ω

ε∇ϕ′ · ∇ϕdΩ =
∫

Ω0

ε0∇ϕ′ · ∇ϕdΩ +
∫

Ω1

ε1∇ϕ′ · ∇ϕdΩ = 0

∀ϕ′ ∈
{
ϕ ∈ L2,∇ϕ ∈ IL2 |ϕ = f on Γd

}
, (3)

where Ω is the solution domain including Ω0 and Ω1 , Γd is the Dirichlet boundary representing all Γi (i= 1,

2, 3, 4) boundaries, and f is the applied voltages on the conductors.

Eq. (3) leads to the following matrix equation:

[k] [ϕ] = 0, (4)

where matrix [k ] is a function of the geometric parameters where the elements are connected with an interpo-
lating function.

The parasitic parameters can be calculated by imposing 1 V onto the first conductor and 0 V onto the
others in turn. For example, static potential ϕj = 1 V is applied to the j th conductor while grounding the

others, and Eq. (4) is solved to obtain the potential distribution. Because the surface charge density on the

conductor surface is σ = εE · n(n is the unit vector of outward normal to the conductor surface), the electric
charge of the ith conductor can be computed by:

Qi = ε

∮
Γi

E · ndΓi. (5)

Therefore, we can get the parasitical parameters from:

Cij =
Qi

ϕj

∣∣∣∣
(ϕ1,···ϕj−1,ϕj+1,···ϕm)=0,ϕj=1

(i �= j). (6)

3.2. Air-gap model of the spark plug

The spark plug experiences the working cycle composed of the off stage, the discharge stage, the self-excited
discharge stage, and again the off stage. The air-gap presents different discharge characteristics in different
stages [19]. We establish the air-gap model, taking Spark Plug 1 in Figure 2 as an example, in this paper.

The nodal voltages of 1, 2, 3, and 4 are denoted by u1 , u2 , u3 , and u4 , respectively; i1 , i2 , i3 , i4 , i5 ,
i6 , and i7 represent the branch currents, respectively; ig is the current through the spark plug air-gap; and ug

is the voltage of the spark plug.

a) There is no initial energy stored until the control signal is triggered (t = t1). The primary winding
then connects with the power supply and C5 is charged. Because the spark plug voltage does not reach the
breakdown voltage, it is in the off stage. In this stage, we can neglect the primary winding parasitic capacitances.
Figure 4 shows the circuit model transformed to the s-domain.
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Figure 4. The circuit model when the spark plug is in the off stage ( t1 < t < t2) .

The circuit model is governed by Kirchhoff’s laws, and therefore it can be formulated in terms of nodal
voltages and branch currents.

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎩

u(t1)
s = R1I1(s) + sL1I1(s) + sMI2(s)

U2(s) = R2I2(s) + sL2I2(s) + sMI1(s)

I2(s) + U2(s)sC3 + [U2(s)−U3(s)]
Rw

= 0
[U2(s)−U3(s)]

Rw
= U3(s)s(C3 + C4) + [U3(s)−U4(s)]

Rr

[U3(s)−U4(s)]
Rr

= U4(s)(sC5 + 1
rg(s))

(7)

Solving Eq. (7) based on the condition of rg(s) = ∞ , we can obtain the primary winding current and the spark
plug voltage:

{
I1(s) = 1

R1+sL1

u(t1)
s

+ sM
R1+sL1

(sC3 + 1
Rw

)U2(s) − sM
Rw(R1+sL1)

U3(s)

Ug(s) = U4(s)
. (8)

b) As soon as the control signal is cut off (t = t2), the primary current discharges through parasitic capacitance
C1 , as shown in Figure 5. At the same time, C5 is charged by the secondary current, which causes C5 ’s voltage
to increase greatly and rapidly. The corona is therefore created between the 2 electrodes.
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Figure 5. The circuit model when the spark plug is in the discharge stage ( t2 ≤ t < t3) .
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The circuit equations of nodal voltages and branch currents are controlled by:

⎧⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎩

R1I1(s) + sL1I1(s) + 1
sC1

I1(s) + sMI2(s) = L1i1(t2−) + Mi2(t2−) + u1(t2−)
s

U2(s) = R2I2(s) + sL2I2(s) + sMI1(s) − L2i2(t2−) − Mi1(t2−)

I2(s) + [U2(s) − u2(t2−)
s ]sC3 + [U2(s)−U3(s)]

Rw
= 0

[U2(s)−U3(s)]
Rw

= [U3(s) − u3(t2−)
s

]s(C3 + C4) + [U3(s)−U4(s)]
Rr

Ug(s) = U4(s)

. (9)

At this moment (t = t2), the parameters in the circuit model satisfy the following relations:

⎧⎪⎨
⎪⎩

rg(s) = ∞
sI1(s) >> sI2(s)

L > M

. (10)

Under the conditions of Eq. (10), Eq. (9) can be simplified. The primary winding current and the spark plug
voltage can then be expressed as:

{
I1(s) = [L1i1(t2−) + Mi2(t2−)] 1

R1+sL1+
1

sC1

Ug(s) = U4(s)
. (11)

When t = t2 , u4(t) reaches breakdown voltage Vbr . The corona discharges and the spark plug breaks down.
Therefore, positive and negative ions exist, and the resistance changes over time until the plasma is present
(t = t3).

During this period (t2 ∼ t3), the primary winding current can be obtained by solving Eq. (9):

I1(s) =
1

sM
[L2i2(t2−)+Mi1(t2−)−(R2+sL2)C3u2(t2−)]+

1
sM

[(R2+sL2)(
1

Rw
+sC3)+1]U2(s)−

R2 + sL2

sMRw
U3(s).

(12)
During the process, the spark plug air-gap resistance can be computed by the Rompe-Weizel formula in the
time domain [20]:

rg(t) = lg

{(
2α/p

∫ t2

t1

i2g(t)dt

)}−0.5

, (13)

where lg is the length of the air-gap of the spark plug, α is the spark coefficient, and p is the pressure.

Since rg(t) << Rr and i6 << ig , the spark plug voltage and current have the following relations:

{
ig(t) + C5u

′
g(t) = 0

ug(t) = ig(t)rg(t) . (14)

The initial conditions at t2 can be written as:

{
ug(t2) ∼= Vbr

ig(t2) ∼= 0
. (15)

810



WANG, ZHENG, YU, JIA: Circuit model and parasitic parameter extraction of the...,

When substituting ig(t) from Eq. (13) into Eq. (14), the relations in Eq. (14) can be restated as:

⎧⎨
⎩

ig(t) = K1u
′
g(t)

ig(t) = 2K2
2 ( i′g(t)u2

g(t)−ig(t)ug(t)u′
g(t)

u4
g(t)

)
, (16)

where K1 = −C5 andK2
2 = l2gp/2α .

Eq. (18) can be restated as:

K1u
′
g(t) = 2K2

2K1(
u′′

g(t)u2
g(t) − u′

g(t)ug(t)u′
g(t)

u4
g(t)

). (17)

After solving Eq. (17) under the conditions of Eq. (15), the spark plug current and voltage can be written as:

{
ig(t) = 2 |K2K3|K1K

2
3e2K2

3 t+P1(1 + e2K2
3 t+P1)−1.5

u3(t) = ug(t) = 2 |K2K3| (1 + e2K2
3 t+P1)−0.5

, (18)

where K3 = Vbr/2K2 and P1 is an integral constant.

c) Once the plasma appears in the air-gap (t = t3), the spark plug enters the self-excited discharge stage

immediately. This period lasts until the spark current becomes smaller than the arc current (t = t4).

The voltage of the spark plug remains constant during this phase (t3 ≤ t < t4), supposing in this paper

that ug(t) = u4(t) = U0 [21,22]. The circuit model is shown in Figure 6.
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Figure 6. The circuit mode when the spark plug is in the self-excited discharge stage ( t3 ≤ t < t4) .

Nodal analysis is applied to obtain the circuit equations below.

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

R1I1(s) + sL1I1(s) + 1
sC1

I1(s) + sMI2(s) = L1i1(t3−) + Mi2(t3−) + u1(t3−)
s

U2(s) = R2I2(s) + sL2I2(s) + sMI1(s) − L2i2(t3−) − Mi1(t3−)

I2(s) + [U2(s) − u2(t3−)
s

]sC3 + [U2(s)−U3(s)]
Rw

= 0
[U2(s)−U3(s)]

Rw
= [U3(s) − u3(t3−)

s
]s(C3 + C4) + [U3(s)−U4(s)]

Rr

U4(s) = U0
s

Ug(s) = U4(s)

(19)
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The primary winding current, the spark plug current, and the spark plug voltage can therefore be obtained.

⎧⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎩

I1(s) = 1
sM [L2i2(t3−) + Mi1(t3−) − (R2 + sL2)C3u2(t3−)] + 1

sM [(R2 + sL2)( 1
Rw

+ sC3) + 1]U2(s)

−R2+sL2
sMRw

U3(s)

Ig(s) = [U3(s)−U4(s)]
Rr

− [U4(s) − u4(t3−)
s ]sC5

Ug(s) = U0
s

(20)

d) As soon as the spark current becomes smaller than the arc current, the plasma diminishes and the spark

plug returns to the off stage [23]. During this stage (t4 ≤ t < t5), the circuit model is as shown in Figure 7.
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Figure 7. The circuit model during the stage in which the spark plug returns to the off stage ( t4 ≤ t < t5) .

Applying the nodal analysis, we have:

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎪⎪⎪⎪⎪⎩

R1I1(s) + sL1I1(s) + 1
sC1

I1(s) + sMI2(s) = L1i1(t4−) + Mi2(t4−) + u1(t4−)
s

U2(s) = R2I2(s) + sL2I2(s) + sMI1(s) − L2i2(t4−) − Mi1(t4−)

I2(s) + [U2(s) − u2(t4−)
s ]sC3 + [U2(s)−U3(s)]

Rw
= 0

[U2(s)−U3(s)]
Rw

= [U3(s) − u3(t4−)
s

]s(C3 + C4) + [U3(s)−U4(s)]
Rr

[U3(s)−U4(s)]
Rr

= [U4(s) − u4(t4−)
s ]sC5 + U4(s)

rg(s)

Ug(s) = U4(s)

. (21)

Solving Eq. (21) under the condition of rg(s) = ∞ , the primary winding current and the spark plug voltage
can be obtained.

⎧⎪⎪⎪⎨
⎪⎪⎪⎩

I1(s) = 1
sM [L2i2(t4−) + Mi1(t4−) − (R2 + sL2)C3u2(t4−)] + 1

sM [(R2 + sL2)( 1
Rw

+ sC3) + 1]U2(s)

−R2+sL2
sMRw

U3(s)

[1ex]Ug(s) = U4(s)

(22)

The air-gap model of the spark plug is established based on the above analysis. After solving Eqs. (7)-(12)

and Eqs. (18)-(22) and then taking the inverse Laplace transform, the current of the primary winding and the
voltage of the spark plug during the working cycle can be obtained in the time domain.
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4. Measurement and simulation

4.1. Parasitic parameters of the spark plug

According to the physical placement and the material characteristics of the spark plug, we extracted the parasitic
parameters using the FEM approach: Cq = 5.3986 pF, Cr = 5.8701 pF, and Cp = 4.9849 pF. In order to
confirm the parameters and the circuit model shown in Figure 2, the spark plug impedance characteristics were
measured and simulated. The results are presented in Figure 8.
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Figure 8. The spark plug impedance characteristics: a) amplitude-frequency characteristic, (b) phase-frequency

characteristic.

Figure 8 shows the simulation results and measurement results of the spark plug impedance characteristics
between the frequencies of 100 Hz and 100 MHz. It is shown that the simulation results are consistent with the
measurement results within the frequencies between 150 kHz and 30 MHz. Therefore, the simulation results
can reflect the impedance characteristics of the spark plug in the frequency band, and the parasitic capacitances
values are verified for use in the circuit model in dealing with the conducted EMI problem. On the other hand,
the measurement results are inconsistent with the simulation results in the range of frequency from 100 Hz to

813



Turk J Elec Eng & Comp Sci, Vol.20, No.5, 2012

2 kHz. This is mainly due to the test errors inherent in the measurement system. However, these errors have
no significant impact on the analysis of the conducted EMI problem.

4.2. The circuit model of the spark plug in the ignition system

The simulated circuit model of the spark plug in the ignition system is shown in Figure 2. The parameters are:
Us(t) = 12[ε(t − t1) − ε(t − t2)] V, t1 = 1.8 ms, t2 = 3.2 ms, R1 = 2 Ω, C1 = 1.0 μF, L1 = 2.5 mH, L2 =
5.6 H, M = 0.1 H, R2 = 20 Ω, Rw = 2.8 kΩ, C3 = 1.5 pF, C4 = 8.33 pF, C5 = 7.92 pF, Rr = 4.98 kΩ, Vbr

= 4.6 kV, U0 = 350 V, lg = 0.89 mm, p= 1 atm, α = 1.1 atm cm2 /(V2 s), and Isc = 0.0015 mA.

This experiment was carried out in a semianechoic chamber and the measurement system is shown in
Figure 9. The ignition system of the automotive gasoline engine generator is supplied by a 12-V DC power
supply via a line impedance stabilization network (LISN). The experimental system is located on the test

platform on the ground. The measurement system comprises a digital oscilloscope (Tektronix DPO4104), a

high-voltage probe (Tektronix P6015A), and a current probe (Tektronix A622). The measurement system for
the current of the primary winding, the spark plug voltage at point A, and the LISN voltage at point B are
given in Figure 9.

Figures 10 and 11 present the primary current and the spark plug voltage at point A, respectively, in the
time domain, which were obtained by measurement and simulation.
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-2

0

2

4 Measurement results
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C
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Figure 9. The experimental measurement system in a

semianechoic chamber.

Figure 10. The simulated and measured current of the

primary winding.

As shown in Figures 10 and 11, the simulated waveform is in good agreement with the measured waveform
at various time points when the ignition system is working. Although there are some differences in amplitude,
the measurements and simulations have the same trend in the time domain. This outcome demonstrates that
the spark plug circuit model is correct.

4.3. Conducted EMI of the ignition system

According to the EMC measurement standards, the conducted EMI measurements were performed by observing
the voltage developed across the defined LISN impedance [24]. The measurement results of the LISN voltage
at point B in Figure 9 are shown in Figure 12.
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Figure 12. Measurement and simulation results of the

LISN voltage.

The measured waveform is nearly the same as the simulated waveform in Figure 12. The results illustrate
that the spark plug discharge is the main source of conducted EMI in the ignition system based on simulation.

5. Conclusion

This paper proposed a circuit model for analysis of the spark plug’s conducted EMI in the ignition system.
The circuit model emphasized the parasitic capacitances and the air-gap characteristics of the spark plug. The
model was established after analyzing the spark plug’s internal discharge channel. The approach for extraction
of the spark plug parasitic parameters was discussed within the context of the FEM. The spark plug impedance
characteristic simulation results coincided with the measurements, especially in the frequency band between
150 kHz and 30 MHz. The discharge processes and mechanisms of different spark plug stages were described in
detail in this paper, using the electric circuit principles and the air-discharge theory. The primary current and
the spark plug voltage simulations showed an exciting consistency with the measurements, which validated the
effectiveness of the model. The ignition system’s conducted EMI was simulated with the proposed model and
the results confirmed that the spark plug discharge was the main source of the conducted EMI in the ignition
system.

With rising constraints on energy resources and increasing concerns about the environment, the consumer
as well as the automotive industry will pay more attention to conducted EMI. As a result, modeling and
simulation will play important roles in automotive design and development. The modeling method described
in this paper is indeed useful for the analysis of automotive conducted EMI.
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